As the vector D~'b has coordinates a? — 2ar +r(r —1),r =0,1,..., R,

b= 5 pr(@)(a = 2ar +r(r 1))
UTD b = ( a~1/2 Z(})%pr(a)(a—r)(a2 —2ar +r(r — 1)) >

:< a(a — R)pr(a) )
a'?[(a - R)* + Rlpr(e) )~
Also,
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Therefore, ¥ ~!b has coordinates given in (18), and
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so that (19) holds. Differentiating with regard to «, one obtains
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When a = R, the known asymptotic expansion for the incomplete gamma-
function shows that pr(R) ~ (2rR)1/2,6 ~ (xR/2) /2, and 3" " p,(R)
= [ e “uf! du/T(R) ~ 1/2, so that

d (n% — 47 + 8)

— b’y b =— _ = "R L 0O(R).
do a=R V2 (r — 2)w ®)

Therefore for large R, bTY~'b decreases at « = R. Since

f(a — R+ af)[(a — R)?> + af(a — R) + R] <9
d <

1+

a(l+6),
for sufficiently large R,

b7s"'b < 2R2.
Thus, the maximum of this function cannot exceed 2R2. On the other hand
when a* = R with 0 < 8 < 1,pr(BR) ~ (2rR)~'/2eR1-PIgk g ~ (1 — B)/A,
and Y0 ' p.(BR) ~ 1. Therefore, bTS7'b ~ 242R?, and the limit in (21)
cannot be smaller than 232.
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